Equivalent conditions are given for the regularity of a factorization of a contraction, two of which exhibit immediately the duality property of this notion.
The concept of regular factorization of contractions of Hubert spaces1 was introduced in [1] by the authors in connection with their investigations on the invariant subspace problem; cf. [2, §VIL3] .
Let A0 be a contraction of a Hubert space 31 into a Hubert space 31,, and let is regular. This property does not follow easily from condition (i). This makes it desirable to find conditions equivalent to (i) and exhibiting the duality property. We are going to give two such conditions (ii) and (iii); the equivalence of (i) and (iii) was already stated (without proof) by Svarcman [3] .2 Proposition.
For the factorization (F) the following three conditions are equivalent : If (iii) is satisfied then (ß) implies £>2z;=0; as v e (Z>233)-we conclude that v=0. Then (a) implies Dxu=0, and again since u e (D^y, we conclude that w=0. Thus v®u is zero. Therefore, (iii) implies (i). This finishes the proof.
